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Summary: In [J. Algebra 298, No. 1, 134-141 (2006; Zbl 1110.16036)], P. P. Nielsen proves that all
reversible rings are McCoy and gives an example of a semicommutative ring that is not right McCoy.
At the same time, he also shows that semicommutative rings do have a property close to the McCoy
condition. In this article we study weak McCoy rings as a common generalization of McCoy rings and
weak Armendariz rings. Relations between the weak McCoy property and other standard ring theoretic
properties are considered. We also study the weak skew McCoy condition, a generalization of the standard
weak McCoy condition from polynomials to skew polynomial rings. We resolve the structure of weak skew
McCoy rings and obtain various necessary or sufficient conditions for a ring to be weak skew McCoy,
unifying and generalizing a number of known McCoy-like conditions in the special cases. Constructing
various examples, we classify how the weak McCoy property behaves under various ring extensions. As
a consequence we extend and unify several known results related to McCoy rings and Armendariz rings
[M. Bager, T. K. Kwak and Y. Lee, Commun. Algebra 37, No. 11, 4026-4037 (2009; Zbl 1187.16027);
Z.-K. Liuv and R.-Y. Zhao, Commun. Algebra 34, No. 7, 2607-2616 (2006; Zbl 1110.16026); A. Moussavi
and E. Hashemi, J. Korean Math. Soc. 42, No. 2, 353-363 (2005; Zbl 1090.16012); L.-Q. Ouyang, Glasg.
Math. J. 51, No. 3, 525-537 (2009; Zbl 1186.16017); C.-P. Zhang and J.-L. Chen, J. Korean Math. Soc.
47, No. 3, 455-466 (2010; Zbl 1191.16026)].
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Manaviyat, R.; Moussavi, A.; Habibi, M.

Pseudo-differential operator rings with Armendariz-like condition. (English) |Zbl 1266.16020
Commun. Algebra 40, No. 3, 1103-1115 (2012).

The algebras of pseudo-differential operators have been introduced by Schur and Tuganbaev studied their
ring-theoretical properties. In the present paper the authors study special types of pseudo-differential
operator rings. These rings are specified by a weaker condition than Armendariz property as follows. A
ring R with derivation 9§ is said to be an Armendariz ring of pseudo-differential operator type (or simply
DO-Armendariz) if for each f(x) = 3" a;x* and g(z) = 377 bja’ from R((z~",d)) the condition
f(z)g(z) = 0 implies apb; = 0, for all j < n.

The first result given in the paper is a criterion for a ring with a derivation to be an Armendariz ring of
pseudo-differential operator type. It is shown that any reduced ring with derivation is a DO-Armendariz
ring.

Then the authors define a linear Armendariz ring of pseudo-differential operator type (or simply linear
DO-Armendariz ring). The definition is as follows. A ring R with derivation ¢ is called a linear DO-
Armendariz if for each f(z) = a_127! + ag and g(x) = b_127! + ag from R((z71,6)) the condition
f(z)g(x) = 0 implies agbg = agb; = 0. The authors give a criterion for a ring with derivation § to be
linear DO-Armendariz.

Edited by FIZ Karlsruhe, the European Mathematical Society and the Heidelberg Academy of Sciences and Humanities
(©) 2024 FIZ Karlsruhe GmbH Total: 36 Documents, Page 2


https://zbmath.org/1081.16032
https://dx.doi.org/10.1007/s10474-005-0191-1
https://zbmath.org/1007.16020
https://dx.doi.org/10.1016/S0022-4049(01)00053-6
https://zbmath.org/1042.16014
https://dx.doi.org/10.1081/AGB-120016752
https://zbmath.org/1071.16020
https://dx.doi.org/10.1016/j.jpaa.2004.08.025
https://zbmath.org/1195.16026
https://dx.doi.org/10.1017/S0017089509990243
https://zbmath.org/1023.16005
https://dx.doi.org/10.1081/AGB-120013179
https://zbmath.org/1159.16023
https://dx.doi.org/10.4134/BKMS.2007.44.4.641
https://zbmath.org/0957.16018
https://dx.doi.org/10.1006/jabr.1999.8017
https://zbmath.org/0879.16016
https://dx.doi.org/10.1080/00927879708826000
https://zbmath.org/1068.16037
https://dx.doi.org/10.1081/AGB-120037221
https://zbmath.org/1075.16003
https://zbmath.org/1127.16027
https://dx.doi.org/10.1017/S0004972700039526
https://zbmath.org/1088.16021
https://dx.doi.org/10.1081/AGB-200049869
https://zbmath.org/1110.16026
https://dx.doi.org/10.1080/00927870600651398
https://zbmath.org/1045.16001
https://dx.doi.org/10.1016/S0021-8693(03)00301-6
https://zbmath.org/0060.07703
https://dx.doi.org/10.2307/2303094
https://zbmath.org/1090.16012
https://dx.doi.org/10.4134/JKMS.2005.42.2.353
https://zbmath.org/1142.16016
https://dx.doi.org/10.1080/00927870701718849
https://zbmath.org/1110.16036
https://dx.doi.org/10.1016/j.jalgebra.2005.10.008
https://zbmath.org/1186.16017
https://dx.doi.org/10.1017/S0017089509005151
https://zbmath.org/0368.16003
https://zbmath.org/0960.16038
https://dx.doi.org/10.3792/pjaa.73.14
https://zbmath.org/0761.13007
https://dx.doi.org/10.1016/0022-4049(92)90056-L
https://dx.doi.org/10.1090/S0002-9939-1976-0419512-6
https://zbmath.org/1191.16026
https://dx.doi.org/10.4134/JKMS.2010.47.3.455
https://zbmath.org/authors/?q=ai:manaviyat.raoofe%7Cmanaviyat.raoufeh
https://zbmath.org/authors/?q=ai:moussavi.ahmad
https://zbmath.org/authors/?q=ai:habibi.mohammad-hassan
https://zbmath.org/1266.16020
https://zbmath.org/1266.16020
https://zbmath.org/journals/?q=se:57
https://zbmath.org/?q=in:298142
https://www.fiz-karlsruhe.de/
http://www.euro-math-soc.eu/
https://www.hadw-bw.de/

The further study is related to the DO-Armendarizity and “radical” properties of a ring. They prove that
if R is a DO-Armendariz ring then

No(R) = Nil,(R) = L-rad(R) = Nil*(R)
and for S = R((z~!,§)) one has

No(S) = Nil,(S) = L-rad(S) = Nil*(S), Nil,(R) = Nil,(S) N R,

Nil* (M, (R))) = M, (Nil*(R))), Nil*(M,(S)) = M, (Nil*(S)),

J(R[z]) = Nil"(R)[z], J(S[y]) = Nil"(S)[y],

where Ny(R) is the Wedderburn radical, Nil,(R) and Nil*(R) are the lower and upper nil radical of R,
respectively, L-rad(R) is the Levitzky radical, and J(R) is the Jacobson radical of R.

In the last section of the paper the authors treat the DO-Armendariz properties on examples of subrings
of the upper triangular matrices over a ring with derivation.

Reviewer: Isamiddin Rakhimov (Serdang)
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Manaviyat, R.; Moussavi, A.; Habibi, M.

On skew inverse Laurent-serieswise Armendariz rings. (English) |Zbl 1261.16045

Commun. Algebra 40, No. 1, 138-156 (2012).

Assume R is an associative ring with identity and « is a ring automorphism of R. Denote R((z~1;a)),
the ring of formal skew Laurent series in ="', whose elements are of the form Yoo a;zt, with usual
addition and multiplication subject to the rule x'a = «a'(a)z’ for each i. A ring R is said to be skew
inverse Laurent-serieswise Armendariz (or simply, SIL-Armendariz), if for each f(z) = >_" a;x* and

1=—00
m

9(x) =20l bjzl in R((z7 %)), f(x)g(x) = 0 implies that a;a’(b;) = 0 for each i < n and j < m.

The authors study in this paper relations between the set of annihilators in R and the set of annihilators
in R((z71;a)). Also they study some properties of a SIL-Armendariz ring R such as the Baer and a-quasi
Baer property transfer to its skew inverse Laurent series extensions R((z~1;«)) and vice versa.

Reviewer: J. K. Park (Pusan)
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Moussavi, A.; Omit, S.; Ahmadi, Ali

A note on nilpotent lattice matrices. (English) | Zbl 1235.15020

Int. J. Algebra 5, No. 1-4, 83-89 (2011).

Authors’ abstract: Some properties and characterizations for nilpotent matrices are established and in
particular, a necessary and sufficient condition for an n x n nilpotent matrix to have the nilpotent index
2 and 3 is given.

Reviewer: Grozio Stanilov (Sofia)
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Moussavi, A.; Keshavarz, F.; Rasuli, M.; Alhevaz, A.

Weak Armendariz skew polynomial rings. (English) | Zbl 1239.16029

Int. J. Algebra 5, No. 1-4, 71-81 (2011).

Let R be a ring with 1, @ an endomorphism of R, R[z] the polynomial ring with indeterminate x, and
R[z, a] the skew polynomial ring. Then R is called a-weak Armendariz (resp., a-skew weak Armendariz)
if for f(z) = Y% @iz’ and g(z) = Y727 € Rlz,a], f(z)g(z) = 0, then a;b; € nil(R) (resp.,
a;a'(b;) € nil(R)) for all 4,5, where nil(R) is the set of the nilpotent elements of R. An a-skew weak
Armendariz ring is a generalization of a weak Armendariz ring.

Theorem. The following statements are equivalent: (1) R is a-weak Armendariz, (2) the ring of upper
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triangular matrices T, (R) over R of order n is @-weak Armendariz, (3) the quotient ring R[z]/(z™) is
a-weak Armendariz, for any n, where @ is induced by « in a natural way.

Moreover, relationships are also given between an a-weak Armendariz ring and other classes of rings such
as semicommutative rings, and a-compatible rings.

Reviewer: George Szeto (Peoria)

MSC:

16836  Ordinary and skew polynomial rings and semigroup rings Cited in 1 Document
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Nasr-Isfahani, Alireza; Moussavi, Ahmad

On skew power serieswise Armendariz rings. (English) | Zbl 1241.16029

Commun. Algebra 39, No. 9, 3114-3132 (2011).

Let R be a ring with 1, o an endomorphism of R, R[z;a] a skew polynomial ring. Then R is called
a-Armendariz if for f(z) = >°1" a;2" and g(z) = Z?:o ajz! € Rz, al, f(x)g(x) = 0 implies a;b; = 0 for
all 4, 5.

If ac(a) = 0 implies @ = 0 for a € R, then « is called rigid, and R is called a-rigid if there exists a
rigid a. Let R[[x;a]] be a skew power series ring. Then R is called skew power serieswise Armendariz
(SPA) if for f(z) = a;2" and g(z) = Y aja? € R[[z,qa]], f(x)g(z) = 0 implies a;b; = 0 for all 4,j. An
a-Armendariz and an a-rigid ring are SPA-rings.

Let Ng(R) be the Wedderburn radical, Nil,(R) be the lower nil radical, L-rad(R) the Levitzky radical,

Nil*(R) be the upper nil radical, J(R) the Jacobson radical and Nil(R) is the set of all nilpotent elements
of R. If R is an SPA-ring, then the above radicals of R are the same.

Let S be one of R[x,z71;a] (the skew Laurent-series ring), R[[z,z7';a]] (the skew Laurent power-series
ring), R[z;a], and R][[x;a]]. Then No(S) = No(R)S = Nil.(S) = Nil,(R)S = L-rad(S) = L-rad(R)S =
Nil*(S) = Nil(R)S = Nil(S) = Nil(R)S.

In particular, in case « is an automorphism, S satisfies the Kohte conjecture. Moreover, let R be an

SPA-ring. Then a reversible, Baer, quasi-Baer and other kinds of rings R are characterized in terms of
R[z;a], R[z,271;a] and R[[x;a]]. Examples of nonreduced SPA-rings are also given.

Reviewer: George Szeto (Peoria)

MSC:

16W60  Valuations, completions, formal power series and related constructions Cited in 7 Documents
(associative rings and algebras)

16836  Ordinary and skew polynomial rings and semigroup rings

16N80 General radicals and associative rings

16P60 Chain conditions on annihilators and summands: Goldie-type condi-
tions

Keywords:

Armendariz rings; Baer rings; Jacobson radical; skew polynomial rings; skew power series rings; SPA-rings
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Mohammadi, R.; Moussavi, A.; Zahiri, M.

Weak McCoy Ore extensions. (English) |Zbl 1230.16025

Int. Math. Forum 6, No. 1-4, 75-86 (2011).

Summary: A ring R is called nil-semicommutative if for every a,b € nil(R), ab = 0 implies aRb = 0.
P. P. Nielsen [in J. Algebra 298, No. 1, 134-141 (2006; Zbl 1110.16036)] proves that reversible rings are
McCoy and gives an example of a semicommutative ring which is not right McCoy. At the same time,
he also shows that semicommutative rings do have a property close to the McCoy condition. According
to Sh. Ghalandarzadeh and M. Khoramdel [Thai J. Math. 6, No. 2, 337-342 (2008; Zbl 1193.16028)] and
L. Ouyang and H. Chen [Extensions of weak McCoy rings, preprint], a ring R is said to be right weak
McCoy if the equation f(z)g(z) = 0, where f(z) = 321" aia’, g(x) = 3°7_gbja’ € Rlz] \ {0}, implies
that there exists s € R\ {0} such that a;s € nil(R) for all 0 < i < m. Weak McCoy rings are a common
generalization of Mc-Coy rings and semicommutative rings. For every ring R, the n-by-n upper triangular
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matrix ring T, (R) is weak McCoy.

For each nil-semicommutative ring R, we prove that, if R is a-compatible then R[z;«] is weak McCoy
and when R is d-compatible then R[z; ] is weak McCoy.
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16836  Ordinary and skew polynomial rings and semigroup rings

16N40 Nil and nilpotent radicals, sets, ideals, associative rings

16U80  Generalizations of commutativity (associative rings and algebras)
16W20 Automorphisms and endomorphisms

16350 Endomorphism rings; matrix rings

Keywords:

Ore extensions; nil-semicommutative rings; weak McCoy rings; reversible rings

Full Text: Link

Mokhtari, S.; Kordi, A.; Moussavi, A.; Ahmadi, A.

On LI-ideals of lattice implication algebras. (English) | Zbl 1382.03087

J. Math. Appl. 32, 67-74 (2010).

Summary: We introduce the notions of a positive implicative Ll-ideal and an associative LI-ideal in
a lattice implication algebra and discuss some of their properties. Connections to related classes are
investigated and equivalent conditions for both a positive implicative LI-ideal and an associative LI-ideal
are provided.

MSC:

03G25 Other algebras related to logic Cited in 1 Document
06B10 Lattice ideals, congruence relations

Alhevaz, A.; Moussavi, A.

Weak McCoy rings relative to a monoid. (English) |Zbl 1218.16032

Int. Math. Forum 5, No. 45-48, 2341-2350 (2010).

Summary: P. P. Nielsen [in J. Algebra 298, No. 1, 134-141 (2006; Zbl 1110.16036)] proves that reversible
rings are McCoy and gives an example of a semi-commutative ring that is not right McCoy. At the same
time, he also shows that semi-commutative rings do have a property close to the McCoy condition. For
a monoid M, we introduce weak M-McCoy rings, which are a generalization of McCoy rings and M-
Armendariz rings, and we investigate their properties. Every semicommutative ring is weak M-McCoy
for any unique product monoid and any strictly totally ordered monoid M. Moreover, we prove that for
an ideal T of R, if T is semi-commutative and R/I is weak M-Armendariz, then R is weak M-McCoy for
any strictly totally ordered monoid M. We show that for any nonzero ring R and any monoid M, the
n-by-n upper triangular matrix ring 7,, (R) and the ring R[z]/(z™), where (z,,) is the ideal generated by
" and n is a positive integer, are weak M-McCoy. Finally we construct various examples of weak McCoy
rings by reviewing and extending some results concerning the structure of nilpotent elements of a ring R.
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16836  Ordinary and skew polynomial rings and semigroup rings
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16E50 von Neumann regular rings and generalizations (associative algebraic
aspects)

Keywords:

semi-commutative rings; unique product monoids; weak McCoy rings; reversible rings; Armendariz rings;
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Full Text: Link

Alhevaz, A.; Moussavi, A.

On a-skew quasi Armendariz modules. (English) |Zbl 1219.16025

Int. Math. Forum 5, No. 45-48, 2331-2340 (2010).

Summary: Let R be a ring and « be a ring endomorphism of R. We introduce a-skew quasi-Armendariz
modules as a generalization of quasi-Armendariz rings and modules. Some properties of this generalization
and the relationship between an R-module Mp and the general polynomial module M[x] over the skew
polynomial ring R[x; o] are established. Among other results, we show that there is a strong connection of
the Baer, quasi-Baer and the p.p.-property of the two modules, respectively. As a consequence we extend
and unify several known results.

MSC:

16536  Ordinary and skew polynomial rings and semigroup rings
16W20 Automorphisms and endomorphisms
16P60 Chain conditions on annihilators and summands: Goldie-type conditions

Keywords:

polynomial modules; skew polynomial rings; Baer modules; quasi-Baer modules; skew quasi-Armendariz
modules; quasi-Armendariz rings

Full Text: Link

Alimoradi, M. R.; Kordi, A.; Moussavi, A.; Ahmadi, A.

Soft sets and soft rings. (English) | Zbl 1209.16038

Int. J. Appl. Math. 23, No. 4, 583-595 (2010).

Summary: D. Molodtsov [Comput. Math. Appl. 37, No. 4-5, 19-31 (1999; Zbl 0936.03049)] introduced the
concept of soft set theory, which can be used as a generic mathematical tool for dealing with uncertainty.
In this paper we introduce the basic properties of soft sets, and compare soft sets to the related concepts
of fuzzy sets and rough sets. We then give a definition of soft rings, and derive their basic properties using
Molodtsov’s definition of the soft sets.

MSC:

16Y99  Generalizations
03E72 Theory of fuzzy sets, etc.

Keywords:

soft, sets; soft rings; soft ideals; fuzzy sets; rough sets

Habibi, M.; Moussavi, A.; Manaviyat, R.

On skew quasi-Baer rings. (English) | Zbl 1213.16016

Commun. Algebra 38, No. 10, 3637-3648 (2010).

Let R be a ring with 1, «: R — R a monomorphism, ¢ an a-derivation of R, and R[z;«,d] the Ore
extension of R. An ideal I of R is called an a-ideal (resp., a-invariant ideal) if a(I) C I (resp., a(I) = 1),
I is called a d-ideal if §(I) C I, and I is called an (a, §)-ideal (resp., («, d)-invariant ideal) if I is both
an a-ideal (resp., a-invariant ideal) and a d-ideal. A ring R is a d-quasi Baer (resp., a-quasi Baer) if the
right annihilator of every d-ideal (resp., a-ideal) is generated by an idempotent, and R is an («, §)-Baer
(resp., (a,d)-quasi Baer) if the right annihilator of every nonempty (a,d)-subset (resp., (o, d)-ideal) is
generated, as a right ideal, by an idempotent.

Then the authors characterize the classes of («, d)-quasi Baer, (¢, §)-Baer, and a-compatible («, §)-quasi

Baer rings R in terms of their Ore extensions, where a ring R is called a-compatible if for each a,b € R,
ab = 0 if and only if aa(b) = 0.
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Theorem 1. Let a be an automorphism such that ad = da. Then the following are equivalent: (1) R
is (a,0)-quasi Baer; (2) R[z;a,0] is a-quasi Baer; (3) R[x;a,0] is (a,d)-quasi Baer for every extended
a-derivation § on R[x;«, 0] of d.

Theorem 2. Let R be ring with IFP (i.e., ab = 0 implies aRb = 0 for a,b € R) and a an automorphism.
Then the following are equivalent: (1) R is (a, d)-Baer; (2) R[x;a, 0] is a-Baer; (3) R[x;a, 0] is (o, )-Baer
for every extended derivation 0 of 6 on R[x;a, d].

Also, Theorem 2 holds for an a-compatible ring with IFP where « is a monomorphism.

Reviewer: George Szeto (Peoria)

MSC:
16836  Ordinary and skew polynomial rings and semigroup rings Cited in 10 Documents
16P60 Chain conditions on annihilators and summands: Goldie-type condi-

tions
16W20  Automorphisms and endomorphisms
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Manaviyat, R.; Moussavi, A.; Habibi, M.

Principally quasi-Baer skew power series rings. (English) |Zbl 1202.16024

Commun. Algebra 38, No. 6, 2164-2176 (2010).

Let R be a ring with 1. If the right (left) annihilator of a principal right (left) ideal of R is generated by
an idempotent, then R is called right (left) principally quasi-Baer (p.q.-Baer). Let « be an endomorphism
of R. Then R is called a-compatible if for each a,b € R, ab = 0 if and only if aa(b) = 0. Denote the skew
power series ring by R[x;a] and the skill Laurent series ring by Rz, 1;a].

An idempotent e € R is left (right) semicentral if ere = re (ere = er) for all r € R, and the set
of left (right) semicentral idempotents is denoted by S'(R) (S.(R)). A set of countable idempotents
{eo,e1,€2,...} of R is said to have a generalized join e if e = €2 such that (i) e;R(1 —e) = 0 and (ii)
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if d =d? and ¢;R(1 — d) = 0 implies eR(1 —d) = 0. A set {eg,e1,e2,...} C S.(R) is said to have a
generalized countable join e if, given a € R, there exists e € S, (R) such that (i) e;e = e; for all i > 1,
and (ii) if e;e = e; for all ¢ > 1, then ea = e.

Examples of semiprime p.q.-Baer rings and non-semiprime a-compatible p.q.-Baer rings are given, respec-
tively, such that every countable subset of S,.(R) has a generalized countable join, and a right p.q.-Baer
R[z,z71; o] is characterized.

Theorem. Let o be an automorphism of R and R be a-compatible. Then R[z,z~!;a] is right p.q.-Baer

if and only if R is right p.q.-Baer and any countable subset of S,.(R) has a generalized countable join.
Moreover, it is shown that the above theorem holds when R is a-compatible for an endomorphism «.
Similar results are also obtained for R[z;«] and R[z].

Reviewer: George Szeto (Peoria)
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Kordi, A.; Moussavi, A.; Ahmadi, A.

Algorithms and computations for (m,n)-fold p-ideals in BCI-algebras. (English)
Zbl 1193.06020

J. Appl. Log. 8, No. 1, 22-32 (2010).

Summary: In [C. Lele, S. Moutari and M. L. N. Mbah, J. Appl. Log. 6, No. 4, 580-588 (2008; Zbl
1160.06010)], the notion of an n-fold p-ideal in a BCI-algebra was introduced as a generalization of p-
ideals in BClI-algebras. Here we show that an ideal is an n-fold p-ideal if and only if it is a p-ideal, and
that the results of the mentioned paper are the same as those in [Y. B. Jun and J. Meng, Math. Jap.
40, No. 2, 271-282 (1994; Zbl 0808.06018)| and |X. Zhang, H. Jiang and S. A. Bhatti, J. Math., Punjab
Univ. 27, 121-128 (1994; Zbl 0866.06007)]. We observe that the notions of (m,n)-fold p-ideals and fuzzy
(m, n)-fold p-ideals, for each positive integers m,n, are indeed the natural generalization of p-ideals and
fuzzy p-ideals, respectively. A characterization of (m,n)-fold p-ideals and fuzzy (m,n)-fold p-ideals is
given, and conditions for an ideal (respectively fuzzy ideal) to be an (m,n)-fold p-ideal (respectively
fuzzy (m,n)-fold p-ideal) are studied. We also establish extension properties for (m,n)-fold p-ideals and
fuzzy (m, n)-fold p-ideals. Furthermore, we construct some algorithms to determine whether certain finite
sets provided with a well-defined operation, are BCI-algebras, (m,n)-fold p-ideals, fuzzy subsets or fuzzy
(m,n)-fold p-ideals.
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Nasr-Isfahani, A. R.; Moussavi, A.

On a quotient of polynomial rings. (English) |Zbl 1200.16038

Commun. Algebra 38, No. 2, 567-575 (2010).

Summary: For a ring R we study the ideal theory of a triangular matrix ring and use it to determine
radicals and prime ideals of the ring R[z]/(z™), for each positive integer n, where R[z] is the ring of
polynomials in an indeterminant z, and (z™) is the ideal generated by z™.
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Nasr-Isfahani, A. R.; Moussavi, A.

On Goldie prime ideals of Ore extensions. (English) | Zbl 1200.16037

Commun. Algebra 38, No. 1, 1-10 (2010).

Summary: Let R be a ring and « an injective endomorphism of R, which is not assumed to be surjective.
Necessary and sufficient conditions are given for all prime ideals in a skew polynomial ring R[x;a] or
skew Laurent ring R[z,771;a] to be left Goldie. As a consequence, we obtain a generalization of a result
of A. Goldie and G. Michler [J. Lond. Math. Soc., II. Ser. 9, 337-345 (1974; Zbl 0294.16019)].
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Shirvani-Ghadikolai, M.; Moussavi, A.; Kordi, A.; Ahmadi, A.

On n-fold filters in BL-algebras. (English) |Zbl 1188.03051

J. Algebra Number Theory, Adv. Appl. 2, No. 1, 27-42 (2009).

Summary: The notions of n-fold fantastic basic logic and the related algebras, n-fold fantastic BL-algebras,
are introduced. We also define n-fold fantastic filters, prove some relations between these filters and
construct quotient algebras via these filters.

MSC:

03G25 Other algebras related to logic Cited in 1 Document
03B52 Fuzzy logic; logic of vagueness

06D35 MV-algebras

06F35 BCK-algebras, BCI-algebras

Keywords:
n-fold fantastic basic logic; n-fold fantastic BL-algebra; n-fold fantastic filter; quotient algebra

Nasr-Isfahani, Alireza R.; Moussavi, Ahmad

Skew Laurent polynomial extensions of Baer and p.p.-rings. (English) | Zbl 1188.16023

Bull. Korean Math. Soc. 46, No. 6, 1041-1050 (2009).

Let R be a ring with 1, a an endomorphism of R, R[x;a] the skew polynomial ring, and R[z,z~!;q]
the skew Laurent polynomial ring. Then R is called a-skew Armendariz if for f(z) = > i~ a;z’, g(z) =
> im0 ajzd € Rlz;al, f(x)g(x) = 0 implies a;af(b;) = 0 for each 4, j. A ring R is called a-rigid if aa(a) = 0

for a € R implies a = 0.
The authors show some properties of an a-skew Armendariz ring.

Theorem 1. The following are equivalent: (1) R is a-rigid; (2) « is injective, R is reduced and a-skew
Armendariz; (3) R[x,2~%;a] is reduced.

Moreover, let a be a monomorphism of R, and R an a-skew Armendariz ring. Then it is shown that (1)
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R is a Baer ring if and only if so is R[z,2~!;a], and (2) R is a p.p.-ring if and only if so is R[z,z71;a].

Reviewer: George Szeto (Peoria)
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Nasr-Isfahani, A. R.; Moussavi, A.

On weakly rigid rings. (English) |Zbl 1184.16026

Glasg. Math. J. 51, No. 3, 425-440 (2009).

Let R be a ring with 1 and o a monomorphism of R. Then R is called a-weakly rigid if, for each a,b € R,
aRb = 0 if and only if aa(Rb) = 0. Let § be a derivation of R. Then R is called d-weakly rigid if, for each
a,b € R, aRb = 0 implies ad(b) = 0; and for an a-derivation §, R is called («, §)-weakly rigid if it is both
a-weakly and §-weakly rigid. These rings are characterized in terms of matrix rings.

Theorem 1. The following are equivalent: (1) R is a-weakly rigid (resp. d-weakly rigid). (2) The matrix
ring M,,(R) is a-weakly rigid (resp. 0-weakly rigid) for every positive integer n where @ and § are induced
by a and 6. (3) M, (R) is a-weakly rigid (resp. d-weakly rigid) for some n. Statements (2) and (3) also
hold for upper triangular matrix ring T, (R).

Theorem 2. If R is an Ore ring and («, d)-weakly rigid, then the classical quotient ring of R is (@, d)-
weakly rigid where @ and § are induced by o and & such that @(rc™!) = a(r)(a(c))~! and 6(rc™1) =
5(r) —rc71é(c)(ale)) L.

Moreover, for an («, §)-weakly rigid ring R, some properties of the skew polynomial ring R[z;«, ], the
skew Laurent series ring R[z,27!;a], and the skew power series ring R[z;a] are given. It is shown that
R is quasi-Baer if and only if so is any one of these skew extensions, and R is left principally quasi-Baer
if and only if so is any one of R[x], R[r;q,d] and R[z,2~!;a], where a quasi-Baer ring (left principally
quasi-Baer) is a ring such that the annihilator of each right and left (left principal) ideal is generated by
an idempotent.
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Kordi, A.; Moussavi, A.

Quasi a-ideals of quasi BCI-algebras. (English) | Zbl 1208.06008

Far East J. Math. Sci. (FJMS) 33, No. 1, 19-31 (2009).

A fuzzy set z,, in a set X is called a fuzzy point if it takes the value 0 for all y € X such that x # y and
a € (0,1] at € X, that is,

The authors introduce an operation @ in the set FP(X) of all fuzzy points in X as follows:

To ©Ys = (T * Y)min{a,5}-

They prove some basic results about quasi a-ideals of quasi BCI-algebras, where the subset FP(u) of
all fuzzy points in a quasi BCI-algebra X is called a quasi a-ideal of FP(u) if for all 6 € IM(u) and
Za,Yp, 2y € FP(X), we have:

(i) 05 € FP(p),
(i) (za ©2y) © (05 ©yp), 2y € FP(n) implies (y * 2)min{a..7.6) € FP(1)-
If we denote a fuzzy point z, by (z,a) (€ X x (0,1]) and consider the operation ©® as
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(z,a) © (y,8) = (z *y, min{a, £}),

that is, consider a structure (X x (0, 1], ®), then all properties in this paper may have shorter proofs.

Reviewer: Michiro Kondo (Inzai)
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Hashemi, Ebrahim; Moussavi, Ahmad; Nasr-Isfahani, Alireza

Skew power series extensions of principally quasi-Baer rings. (English) |Zbl 1188.16021

Stud. Sci. Math. Hung. 45, No. 4, 469-481 (2008).

An associative ring R with unity is called right principally quasi-Baer if the right annihilator of every
principal right ideal of R is generated by an idempotent [G. F. Birkenmeier, J. Y. Kim and J. K. Park,
Commun. Algebra 29, No. 2, 639-660 (2001; Zbl 0991.16005)]. In this paper the authors give necessary
and sufficient conditions for R under which the skew power series ring R[z,«] and the Laurent power
series ring Rz, 71, a] are right principally quasi-Baer.

Let o be an endomorphism of R. If the conditions ab = 0 and aa(b) = 0 are equivalent for all a,b € R,
then we say that R is a-compatible. An idempotent e € R is said to be left semi-central if ere = re for
all r € R.

Suppose that all semi-central idempotents of R are central and let R be an a-compatible ring. Then
the main result asserts that the following statements are equivalent: (1) The ring Rz,z~!, ] is right
principally quasi-Baer; (2) The ring R[z, «] is right principally quasi-Baer; (3) The ring R is right prin-
cipally quasi-Baer and every countable family of idempotents in R has a generalized join in the set of
all idempotents of R. — An example showing that the a-compatible condition on R is not superfluous, is
given.

Reviewer: S. V. Mihovski (Plovdiv)
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Full Text: DOI

Ghahramani, H.; Moussavi, A.

Differential polynomial rings of triangular matrix rings. (English) | Zbl 1192.16026

Bull. Iran. Math. Soc. 34, No. 2, 71-96 (2008).

Let R be a ring with 1, § a derivation of R, I,: R — R the inner derivation of R for an z € R, and RI#, J]
the differential polynomial ring with the usual addition of polynomials and fa = af + d(a) for any a € R.

Let R and S be rings with derivations dr and dg, respectively, and M an (R-S)-bimodule. Then 7: M —

Edited by FIZ Karlsruhe, the European Mathematical Society and the Heidelberg Academy of Sciences and Humanities
(©) 2024 FIZ Karlsruhe GmbH Total: 36 Documents, Page 17


https://zbmath.org/authors/?q=kondo.michiro
https://zbmath.org/classification/?q=cc:06F35
https://zbmath.org/?q=rf:1208.06008|5590316
https://zbmath.org/?q=ut:fuzzy+%5C%28a%5C%29-ideal
https://zbmath.org/?q=ut:quasi+%5C%28a%5C%29-ideal
https://zbmath.org/?q=ut:quasi+BCI-algebra
http://pphmj.com/abstract/3916.htm
https://zbmath.org/authors/?q=ai:hashemi.ebrahim
https://zbmath.org/authors/?q=ai:moussavi.ahmad
https://zbmath.org/authors/?q=ai:nasr-isfahani.alireza-r
https://zbmath.org/1188.16021
https://zbmath.org/1188.16021
https://zbmath.org/journals/?q=se:723
https://zbmath.org/?q=in:256929
https://zbmath.org/?q=an:0991.16005
https://zbmath.org/authors/?q=mihovski.s-v
https://zbmath.org/classification/?q=cc:16S36
https://zbmath.org/classification/?q=cc:16W60
https://zbmath.org/classification/?q=cc:16P60
https://zbmath.org/?q=rf:1188.16021|5651898
https://zbmath.org/?q=ut:right+principally+quasi-Baer+rings
https://zbmath.org/?q=ut:right+annihilators
https://zbmath.org/?q=ut:%5C%28%5Calpha%5C%29-compatible+rings
https://zbmath.org/?q=ut:skew+power+series+rings
https://zbmath.org/?q=ut:skew+Laurent+power+series+rings
https://zbmath.org/?q=ut:skew+Laurent+power+series+rings
https://zbmath.org/?q=ut:semicentral+idempotents
https://dx.doi.org/10.1556/SScMath.2008.1071
https://zbmath.org/authors/?q=ai:ghahramani.hoger
https://zbmath.org/authors/?q=ai:moussavi.ahmad
https://zbmath.org/1192.16026
https://zbmath.org/1192.16026
https://zbmath.org/journals/?q=se:1005
https://zbmath.org/?q=in:244450
https://www.fiz-karlsruhe.de/
http://www.euro-math-soc.eu/
https://www.hadw-bw.de/

M is called a generalized derivation with respect to (0g,ds) on M, if 7(rm) = dg(r)m+rr(m), 7(ms) =
7(m)s + més(s) for r € R, s € S, and m € M. Let T = (£ ) be the generalized matrix ring. Then

d: T — T is the derivation of T induced by 7: M — M where d (") = (630(’") gs(zg) forre R, s€S,
and m € M.

The authors give an equivalent condition for a mapping ¥: (5§ %) — (% ) such that U (§7) =

0S8
(%ér) 52(7(2;) where ¢1: R — R’ and ¢5: S — S’ are homomorphisms and T: M — N is a generalized

module homomorphism related to (o1, ¢2).

Next it is shown that a derivation d: T — T, d = d + I4 where 14 is an inner derivation with A € T and

FG(rmy _ [ dr(r) T(m)
d(o's) = ( Ro 8s(s)

of the differential polynomial ring T[0; d] is obtained. Theorem. By keeping the above notations, T[0; d] =

(R[ISBR] Aﬁ;gsg]) for some (R[z;0g], S[y; ds])-bimodule Mz, y; T].

) where 7 is a generalized derivation of M. Moreover, a triangular representation

Reviewer: George Szeto (Peoria)
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Kordi, A.; Moussavi, A.; Ahmadi, A.
Fuzzi H-ideals of BCI-algebras with interval valued membership functions. (English)

Zbl 1173.06009

Int. Math. Forum 3, No. 25-28, 1327-1338 (2008).

Some basic properties of fuzzy H-ideals of BCl-algebras are obtained.

Reviewer: Zhan Jianming (Enshi)
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Nasr-Isfahani, A. R.; Moussavi, A.

Baer and quasi-Baer differential polynomial rings. (English) |Zbl 1154.16019

Commun. Algebra 36, No. 9, 3533-3542 (2008).

Let R be a ring with 1, 6 a derivation of R, and R[xz;d] the differential polynomial ring which is the
polynomial ring such that za = ax + é(a) for any a € R. A ring R is called a Baer (resp. 6-Baer) ring
if the right annihilator ideal rr(U) of every nonempty subset U (resp. d-subset U, 6(U) C U) of R is
generated by an idempotent, and R is called a quasi-Baer ring if the right annihilator ideal of every ideal
is generated by an idempotent.

Then the authors give some equivalent conditions for a quasi-Baer ring R|x; ¢]. Theorem 1. The following
statements are equivalent: (1) R is 0-quasi Baer; (2) A (= R[z;d]) is quasi Baer; (3) A is -quasi Baer for
every extended derivation 0 of 0 in A (that is, 0(r) = r for all » € R and ¢ is a derivation of A).
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Moreover, a ring R is said to satisfy the insertion of factors property (IFP) if rr(z) is an ideal for all
x € R. Then some equivalent conditions are shown for a Baer R[z;d]. Theorem 2. Let R be a ring
with IFP, and ¢ a derivation of R. Then the following statements are equivalent: (1) R is §-Baer; (2) A
(= R[z;4]) is Baer; (3) A is 0-Baer for every extended derivation § of § in A.

Thus results are derived for Abelian, Armendariz and reduced rings, respectively.

Reviewer: George Szeto (Peoria)
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Nasr-Isfahani, A. R.; Moussavi, A.

On Ore extensions of quasi-Baer rings. (English) | Zbl 1157.16008

J. Algebra Appl. 7, No. 2, 211-224 (2008).

A ring (associative with identity) R is called (right) principally quasi-Baer if the right annihilator of every
(principal right) ideal of R is generated by an idempotent. The authors study if and when the quasi-Baer
and principally quasi-Baer properties of a ring R is inherited by the Ore extension R[z;«,d] for any
automorphism « and a-derivation of R.

Thus, if R is quasi-Baer, then so is R[z;a,d]. Also, if R is right principally quasi-Baer such that either
a(e) € eR for each left semicentral idempotent e € R or o™ = idg for some positive integer m, then
R[z; «, 6] is right principally quasi-Baer.

Reviewer: Septimiu Crivei (Cluj-Napoca)
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Ore extensions of skew Armendariz rings. (English) |Zbl 1142.16016

Commun. Algebra 36, No. 2, 508-522 (2008).

Throughout R denotes an associative ring with identity, « is a ring endomorphism, § an a-derivation of
R, and R[z;«, d] the Ore extension whose elements are the polynomials over R, the addition is defined
as usual and the multiplication subject to the relation za = a(a)z + 6(a) for any @ € R. The ring R is
called a-rigid if there exists a rigid endomorphism « of R, in the sense that aa(a) = 0 implies a = 0 for
a € R.

The authors introduce the following notion: the ring R is called skew-Armendariz if for polynomials
flz) =ap+arz+---+apz™ and g(z) = bo+ b1z +---+bpz™ in R[z;, ¢], f(x)g(x) = 0 implies apb; =0
for each 0 < j < m. These rings generalize a-skew Armendariz rings and a-rigid rings, and extend the
classes of non reduced skew-Armendariz rings. The authors establish some properties of these rings and
investigate connections of their properties with those of the Ore extension R[z;a,d]. They extend and
unify several known results on Armendariz rings.
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Summary: Fuzzy p-ideals, fuzzy H-ideals and fuzzy BCl-positive implicative ideals of BCI-algebras are
studied, and related properties are investigated. We also give some characterizations of these ideals.
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On classical quotient rings of skew Armendariz rings. (English) | Zbl 1140.16011

Int. J. Math. Math. Sci. 2007, Article ID 61549, 7 p. (2007).

Summary: Let R be a ring, a an automorphism, and § an a-derivation of R. If the classical quotient ring
Q of R exists, then R is weak a-skew Armendariz if and only if Q) is weak a-skew Armendariz.
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Moussavi, Ahmad; Hashemi, Ebrahim

On the semiprimitivity of skew polynomial rings. (English) | Zbl 1142.16015

Mediterr. J. Math. 4, No. 3, 375-381 (2007).

Let R be a ring with identity, o an injective endomorphism of R, which is not assumed to be surjective,
and ¢ an a-derivation of R. S. A. Amitsur [Can. J. Math. 8, 355-361 (1956; Zbl 0072.02404)] has shown
that, if R has no nil ideal then the polynomial ring R[z] is semiprimitive. This result was extended to
skew polynomial rings of the form R[z;a, §] by many authors. A. El Ahmar [Arch. Math. 32, 13-15 (1979;
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Zbl 0398.16005)] has shown that if R is semiprime Noetherian and « is a monomorphism, then Rz; o] is
semiprimitive. A. Moussavi [Proc. Edinb. Math. Soc., IL. Ser. 36, No. 2, 169-178 (1993; Zbl 0804.16029)]
has extended this result to the skew polynomial ring R[z;a, d]; A. D. Bell [Commun. Algebra 13, 1743-
1762 (1985; Zbl 0567.16002)] has proved that if R is semiprime left Goldie with o an automorphism and ¢
an a-derivation, then R[z; «, d] is semiprimitive left Goldie. He has also commented that it is not known
whether this generalizes to the case where « is not assumed to be surjective. In this paper the authors
give an affirmative answer to Bell’s question.
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Summary: A ring R with a monomorphism « and an a-derivation § with ad = da is called ‘(«, §)-quasi
Baer’ (resp. ‘quasi Baer’) if the right annihilator of every («,d)-ideal (resp. ideal) of R is generated by
an idempotent of R. In this paper we show that a semiprime ring Rlz; a, 4] is a-quasi Baer if and only
if S = R|z;a,d] is (a,d)-quasi Baer for every extended a-derivation § on S of 4 if and only if R is
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E. P. Armendariz |J. Aust. Math. Soc. 18, 470-473 (1974; Zbl 0292.16009)| proved that a polynomial
extension R[x] of a reduced ring R is a Baer ring if and only if R is Baer. Some generalizations of this
result to more general classes of rings (quasi-Baer, p.p.-rings and p.q.-Baer) and different classes of ring
extensions were provided by different authors.

This paper goes in this direction. Let R be an («, §)-compatible ring where a,6: R — R are an endomor-
phism and an a-derivation, respectively (compatibility means ab = 0 < aa(b) = 0 and ab =0 = ad(b) =
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0, respectively, for all a,b € R). Under these assumptions the authors prove: R is quasi-Baer if and only
if R[z;«, 0] is quasi-Baer if and only if R[z;«] is quasi-Baer; R is left p.q.-Baer if and only if R[z;«,d]
is left p.q.-Baer if and only if R[z,27!; ] is left p.q.-Baer, and if o is an automorphism R is quasi-Baer
if and only if R[z,x71;a] is quasi-Baer. Proofs are based on the connection between skew versions of
Armendariz rings and the lifting of purity of left annihilators of principal left ideals. Several examples
show that the conditions studied are not superfluous.
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In this paper, a ring R with identity is called generalized right (principally) quasi-Baer if for any (principal)
right ideal I of R, the right annihilator of I™ is generated by an idempotent for some positive integer n
(depending on ). It is shown that the generalized right (principally) quasi-Baer condition is a Morita
invariant property. Also the generalized right (principally) quasi-Baer condition for various ring extensions
is studied.
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Moussavi, A.; Hashemi, E.

On («,0)-skew Armendariz rings. (English) | Zbl 1090.16012

J. Korean Math. Soc. 42, No. 2, 353-363 (2005).

Let a be an endomorphism and é be an a-derivation of a ring R. In this paper, a ring R is called an («, §)-
skew Armendariz ring, if for given polynomials f(x) = ap+aiz+- - -+a,2™ and g(x) = bg+byz+- - -+bpx™
in the Ore extension R[z;a,d], f(z)g(x) = 0 implies a;z°b;jz7 = 0. Some properties of (o, §)-Armendariz
rings are studied.
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Summary: We investigate skew power series of a-rigid p.p. rings, where « is an endomorphism of a ring
R which is not assumed to be surjective. For an a-rigid ring R, R[z;a] is right p.p., if and only if
Rz, 27 a] is right p.p., if and only if R is right p.p., and any countable family of idempotents in R has
a join in I(R).
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Summary: For a ring endomorphism « and an a-derivation ¢, we introduce («, §)-compatible rings which
generalize a-rigid rings. We study the relationship between the Baer and p.p. properties of a ring and
its Ore extensions. These include formal skew power series, skew Laurent polynomials and skew Laurent
series. As a consequence we obtain a generalization of results of E. P. Armendariz [J. Aust. Math. Soc.
18, 470-473 (1974; Zbl 0292.16009)] and C. Y. Hong, N. K. Kim and T. K. Kwak [J. Pure Appl. Algebra
151, No. 3, 215-226 (2000; Zbl 0982.16021)].
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On the semiprimitivity of skew polynomial rings. (English) | Zbl 0804.16029
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Let R be aring, let f : R — R be a ring-monomorphism which is not assumed to be surjective, and let d
be an f-derivation of R. Let S and T' denote respectively the twisted polynomial ring R[X; f] and the Ore
extension R[X; f,d]. The main theme of the paper is to prove results about the semi-primitivity of S and
T which have previously only been proved with the additional assumption that f is an automorphism of
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R. Tt is shown that if R is left Noetherian with the a.c.c. for right annihilators, or is right Noetherian with
the a.c.c. for left annihilators, then the Jacobson and nilpotent radicals of S coincide (this uses Dean’s
result that f maps the nilpotent radical of R into itself). Also if R is semi-prime left Noetherian then T'
is a semi-primitive left Goldie ring.
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